
MIKROOIKONOMIKH JEWRIA

A' EXAMHNO

EPANALHPTIKH ASKHSH
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1. An se mia oikonomÐa antallag c me dÔo agaj� kai dÔo katanalwtèc oi katanalwtèc èqoun ta ex c qara-

kthristik� u1(x, y) = min{x, y}, e1 = (1, 1), u2(x, y) = x
1
2 y

1
2 , x > 0, y > 0, u2(x, 0) = u2(0, y) = 0, x, y ≥

0, e2 = (1, 2) tìte na apant sete sta ex c erwt mata

(aþ) Ti eÐdouc eÐnai ta agaj� gia ton katanalwt  1 kai 2 koin�   Giffen ?

(bþ) Ti eÐdouc eÐnai ta agaj� gia ton katanalwt  1 kai 2 sumplhrwmatik�   upokat�stata ?

(gþ) Na prosdioristeÐ mia katanom  diaforetik  apì thn arqik .

(dþ) Na brejeÐ mia tim  isorropÐac.

2. ParathroÔme ìti h sun�rthsh z thshc gia ton pr¸to katanalwt  eÐnai

x1(p1, p2) = (
p1 + p2

p1 + p2
,
p1 + p2

p1 + p2
), p1 > 0, p2 > 0,

en¸ gia to deÔtero eÐnai

x1(p1, p2) = (
p1 + 2p2

2p1
,
p1 + 2p2

2p2
), p1 > 0, p2 > 0.

Autì diìti h pr¸th sun�rthsh wfelimìthtac eÐnai h sun�rthsh twn tèleia upokat�statwn kai h deÔterh
eÐnai Cobb-Douglas. EpÐshc to eisìdhma tou katanalwt  1 se timèc (p1, p2) eÐnai p1 + p2, en¸ to eisìdhma

tou katanalwt  2 se timèc (p1, p2) eÐnai p1 +2p2. EÐnai
dx1,i

dpi
= 0 �ra den mporoÔme na apofanjoÔme an ta

agaj� 1 kai 2 eÐnai koin� gia ton pr¸to katanalwt . Gia to deÔtero katanalwt  eÐnai dx2,1
dp1

= −p2
p2
1

< 0.
Gia to deÔtero agajì an�loga.

3. Gia ton deÔtero katanalwt  ta agaj� 1 kai 2 eÐnai upokat�stata diìti eÐnai dx2,1
dp2

= 1
2p1

> 0. Pio akrib c
èkfrash, to 1 eÐnai upokat�stato tou 2. MporoÔme na exet�soume an to 2 eÐnai upokat�stato tou 1 klp.

4. Gia ton katanalwt  1 den mporoÔme na bg�loume sumpèrasma diìti oi par�gwgoi wc proc tic timèc eÐnai
0.

5. Mia �llh katanom  pìrwn diaforetik  apì thn arqik  eÐnai h x1 = (0, 2), x2 = (2, 1).

6. Gia na broÔme mia tim  isorropÐac, arkeÐ na broÔme thn sun�rthsh uperb�llousac z thshc.

Z(p1, p2) = x1(p1, p2) + x2(p1, p2)− e1 − e2 = (1, 1) + (
p1 + 2p2

2p1
,
p1 + 2p2

2p2
)− (2, 3) =

= (
2p1

2p1
,
2p2

2p2
) + (

p1 + 2p2

2p1
,
p1 + 2p2

2p2
)− (

4p1

2p1
,
6p2

2p2
) =

= (
2p2 − p1

2p1
,
p1 − 2p2

2p2
).

'Ara mia tim  isorropÐac eÐnai h (2, 1) kai h katanom  isorropÐac pou thc antistoiqeÐ eÐnai h arqik  kata-
nom .
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