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'Askhsh 1.
Na deiqjeÐ ìti se mia oikonomÐa me dÔo agaj� kai dÔo katanalwtèc me arqikèc
dèsmec agaj¸n e1 = e2 = (1, 1) kai sqèseic protÐmhshc º1,º2 pou orÐzontai
apì tic sunart seic wfelimìthtac u1(x, y) = x + 5y, u2(x, y) = 5x + 6y h
arqik  katanom  belti¸netai apì thn katanom  ((3

4
, 9

8
), (5

4
, 7

8
)).

Ap�nthsh: IsqÔei u1(e1) = 1 + 5 = 6, u2(1, 1) = 11, en¸ u1(
3
4
, 9

8
) =

51
8
, u2(

5
4
, 7

8
) = 92

8
. Autì shmaÐnei ìti x1 Â1 e1, x2 Â2 e2, dhlad  h katanom 

((3
4
, 9

8
), (5

4
, 7

8
)) belti¸nei thn arqik  katanom .

'Askhsh 2. Na exet�sete an se oikonomÐa antallag c me dÔo agaj� kai dÔo
katanalwtèc me arqikèc dèsmec agaj¸n e1 = (2, 1), e2 = (1, 2) kai sqèseic
protÐmhshc º1,º2 pou orÐzontai apì thn sun�rthsh wfelimìthtac u(x, y) =
min{x, y}, h arqik  katanom  eÐnai �risth kat� Pareto.

Ap�nthsh: H genik  morf  mÐac katanom c aut c thc oikonomÐac an-
tallag c eÐnai ((x, y), (3− x, 3− y))), 0 ≤ x ≤ 3, 0 ≤ y ≤ 3, ìpou x1 = (x, y)
eÐnai to di�nusma katan�lwshc tou pr¸tou katanalwt  kai x2 = (3−x, 3−y)
to di�nusma katan�lwshc tou deÔterou. ParathroÔme ìti an x = y = 3

2

tìte u1(x1) = 3
2

> u1(e1) = 1 kai h Ðdia anisìthta isqÔei kai gia to deÔtero
katanalwt . 'Ara h katanom  (x1, x2) belti¸nei gn sia thn arqik  katanom 
kai epomènwc h arqik  katanom  den eÐnai �risth kat� Pareto.

'Askhsh 3. Se mia oikonomÐa me dÔo agaj� kai dÔo katanalwtèc me arqikèc
dèsmec agaj¸n e1 = e2 = (1, 1) kai sqèseic protÐmhshc º1,º2 pou orÐzontai
apì tic sunart seic wfelimìthtac u1(x, y) = xy, u2(x, y) = x4y2, x ≥ 0, y ≥ 0
na deÐxete ìti h katanom  ((6

7
, 6

5
), (8

7
, 4

5
)) eÐnai �risth kat� Pareto.

Ap�nthsh: Aut  h oikonomÐa antallag c eÐnai h Ðdia me thn oikonomÐa
antallag c thc 'Askhshc 2 tou prohgoÔmenou FÔllou, ìpou brèjhke ìti h
sun�rthsh z thshc tou pr¸tou katanalwt  eÐnai x1(p, p · e1) = ( 1

2p1
(p1 +

1



p2),
1

2p2
(p1 + p2)), p1 > 0, p2 > 0, en¸ h sun�rthsh z thshc tou deÔterou

katanalwt  eÐnai x2(p1, p2) = (2(p1+p2)
3p1

, p1+p2

3p2
), p1 > 0, p2 > 0. Sthn 'Askhsh 3

br kame ìti h tim  isorropÐac gia thn oikonomÐa aut  eÐnai (p1, p2) = ( 7
12

, 5
12

).
An antikatast soume tic timèc isorropÐac twn dÔo agaj¸n (p1, p2) = ( 7

12
, 5

12
)

sth sun�rthsh z thshc, tìte to di�nusma katan�lwshc pou prokÔptei gia ton
pr¸to katanalwt  eÐnai to (6

7
, 6

5
), en¸ to di�nusma katan�lwshc pou prokÔptei

gia to deÔtero katanalwt  eÐnai (8
7
, 4

5
). Ta dÔo aut� dianÔsmata katan�lwshc

sunistoÔn katanom  diìti to �jroism� touc eÐnai Ðso me to sunolikì agajì
e = (2, 2) thc oikonomÐac.

ParathroÔme ìti ektìc apì suneqeÐc kai austhr� monìtonec sto R2
++ oi

sqèseic protÐmhshc eÐnai kai austhr� kurtèc sto sÔnolo autì, pou einai kai
ekeÐno pou endiafèrei apì pleur�c megistopoÐhshc. Autì diìti h u1(x, y) =
xy eÐnai sto R2

++ gn sia monotonikìc metasqhmatismìc thc Cobb- Douglas
sun�rthshc wfelimìthtac c(x, y) =

√
xy h opoÐa eÐnai austhr� kurt . EpÐshc

h u2(x, y) = x4y2 eÐnai eÐnai sto R2
++ gn sia monotonikìc metasqhmatismìc

thc Cobb- Douglas sun�rthshc wfelimìthtac h(x, y) = x
2
3 y

1
3 h opoÐa eÐnai

austhr� kurt  se autì.
Epomènwc h oikonomÐa antallag c eÐnai neoklassik , h dosmènh katanom 

eÐnai katanom  isorropÐac kai �ra sÔmfwna me to Pr¸to Je¸rhma EuhmerÐac
eÐnai �risth kat� Pareto.

'Askhsh 4.
(Sunart seic Koinwnik c EuhmerÐac) An upojèsoume ìti se oikonomÐa an-
tallag c me n to pl joc agaj� up�rqoun I katanalwtèc me sunart seic wfe-
limìthtac ui : Rn

+ → R, i = 1, 2, ..., I twn opoÐwn h 'barÔthta' sthn oikonomÐa
apodÐdetai me ènan pragmatikì arijmì 0 < λi < 1 kai

∑I
i=1 λi = 1. An

k�je katanalwt c èqei arqik  dèsmh agaj¸n ei, na deÐxete ìti k�je shmeÐo
megistopoÐhshc thc sun�rthshc uλ(x1, x2, ..., xI) =

∑I
i=1 λiui(xi) sto sÔnolo

twn katanom¸n

Ae = {(x1, x2, ..., xI) ∈ (Rn
+)I |

I∑
i=1

xi =
I∑

i=1

ei}

thc oikonomÐac eÐnai �risth kat� Pareto katanom . To Ðdio na deÐxete kai gia
thn sun�rthsh koinwnik c euhmerÐac tou Rawls

v(x1, x2, ..., xI) = min{u1(x1), u2(x2), ..., uI(xI)}.

2



Se poia koinwnÐa apì tic dÔo ja jèlate na zeÐte kai giatÐ ? Se mia koinwnÐa ìpou
h euhmerÐa metr�tai me mia sun�rthsh uλ   se mia koinwnÐa ìpou h euhmerÐa
metr�tai me th v ?

Ap�nthsh:
An h katanom  (x1, x2, ..., xI) thc parap�nw oikonomÐac antallag c sthn

opoÐa oi sqèseic protÐmhshc anaparÐstantai apì tic sunart seic wfelimìth-
tac ui, i = 1, 2, ..., I kai oi arqikèc dèsmec agaj¸n twn katanalwt¸n eÐnai
e1, e2, ...eI antÐstoiqa, megistopoieÐ th sun�rthsh

uλ(x1, x2, ..., xI) =
I∑

i=1

λiui(xi)

sto sÔnolo twn katanom¸n aut c thc oikonomÐac antallag c, tìte upojètoume
ìti up�rqei katanom  pou belti¸nei ìlouc touc katanalwtèc kai belti¸nei gn -
sia k�poion apì autoÔc kai ja katal xoume se �topo. 'Estw (y1, y2, ..., yI)
mia tètoia katanom . Tìte isqÔei ui(yi) ≥ ui(xi), i = 1, 2, ..., I kai ui0(yi0) >
ui0(xi0) gia k�poion katanalwt  i0. Pollaplasi�zontac kat� mèlh autèc tic
anisìthtec me ta antÐstoiqa jetik� b�rh λi kai prosjètont�c tic kat� mèl-
h, prokÔptei ìti

∑I
i=1 λiui(yi) >

∑I
i=1 λiui(xi). Autì shmaÐnei ìmwc ìti

h katanom  (x1, x2, ..., xI) den megistopoieÐ th sun�rthsh koinwnik c euh-
merÐac uλ(x1, x2, ..., xI) =

∑I
i=1 λiui(xi). Autì ìmwc eÐnai �topo. 'Ara h

(x1, x2, ..., xI) eÐnai �risth kat� Pareto. ParomoÐwc gia th sun�rthsh koin-
wnik c euhmerÐac tou Rawls, an h katanom  (x1, x2, ..., xI) thc parap�nw oikonomÐac
antallag c sthn opoÐa oi sqèseic protÐmhshc anaparÐstantai apì tic sunart -
seic wfelimìthtac ui, i = 1, 2, ..., I kai oi arqikèc dèsmec agaj¸n twn katanalwt¸n
eÐnai e1, e2, ...eI antÐstoiqa megistopoieÐ th sun�rthsh

v(x1, x2, ..., xI) = min{ui(xi), i = 1, 2, ..., I}

sto sÔnolo twn katanom¸n aut c thc oikonomÐac antallag c, tìte upojètoume
ìti up�rqei katanom  pou belti¸nei ìlouc touc katanalwtèc kai belti¸nei
gn sia k�poion apì autoÔc kai ja katal xoume se �topo. 'Estw (y1, y2, ..., yI)
mia tètoia katanom . Tìte isqÔei ui(yi) ≥ ui(xi), i = 1, 2, ..., I kai ui0(yi0) >
ui0(xi0) gia k�poion katanalwt  i0. PaÐrnontac to el�qisto twn arister¸n
mel¸n twn anisot twn aut¸n, autì eÐnai megalÔtero gn sia apì to el�qisto
twn dexi¸n mel¸n lìgw thc parousÐac mÐac gn siac anisìthtac. 'Ara prokÔptei
ìti min{ui(yi), i = 1, 2, ..., I} > min{ui(xi), i = 1, 2, ..., I}. Autì shmaÐnei

3



ìmwc ìti h katanom  (x1, x2, ..., xI) den megistopoieÐ th sun�rthsh koinwnik c
euhmerÐac

v(x1, x2, ..., xI) = min{ui(xi), i = 1, 2, ..., I}.
Autì ìmwc eÐnai �topo. 'Ara h (x1, x2, ..., xI) eÐnai �risth kat� Pareto.
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