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Majhmatik� Oikonomik� - LÔseic 3ou FÔllou Ask sewn

Did�skontec : Qr stoc Kountz�khc

'Askhsh 1. Se mia oikonomÐa me dÔo agaj� kai dÔo katanalwtèc me arqikèc
dèsmec agaj¸n e1 = e2 = (1, 1) kai sqèseic protÐmhshc �1,�2 pou orÐzontai
apì tic sunart seic wfelimìthtac u1(x, y) = xy, u2(x, y) = x4y2, x ≥ 0, y ≥ 0
h katanom  ((6

7
, 6

5
), (8

7
, 4

5
)) eÐnai �risth kat� Pareto. An h kentrik  kubèrnh-

sh apofasÐsei na epib�llei fìrouc, poio sÔsthma fìrwn ja prèpei na epib�llei
stouc dÔo katanalwtèc ètsi ¸ste h parap�nw katanom  na epilegeÐ wc kata-
nom  isorropÐac apì autoÔc ?

LÔsh H katanom  ((6
7
, 6

5
), (8

7
, 4

5
)) eÐnai h nèa arqik  katanom  gia touc

katanalwtèc thc oikonomÐac. H katanom  aut  eÐnai isorropÐa upì thn tim 
p = ( 7

12
, 5

12
). To eisìdhma twn katanalwt¸n metabl jhke wc ex c : p·ei+ti =

p · xi, i = 1, 2, ìpou x1 = (6
7
, 6

5
), x2 = (8

7
, 4

5
). 'Ara èqoume ìti t1 = t2 = 0.

'Askhsh 2. MetasqhmatÐste tic sunart seic wfelimìthtac u1(x, y) = xy6

kai v(x, y) = x8y2 ìpou x ≥ 0, y ≥ 0 se Cobb-Douglas pou anaparistoÔn thn
Ðdia sqèsh protÐmhshc sto R2

++.

LÔsh H Cobb-Douglas sun�rthsh wfelimìthtac pou anaparist� thn Ðdia
sqèsh protÐmhshc me aut n pou anaparist� h pr¸th sun�rthsh wfelimì-

thtac sto sto R2
++ eÐnai h u∗

1(x, y) = x
1
7 y

6
7 . ParomoÐwc, h Cobb-Douglas

sun�rthsh wfelimìthtac pou anaparist� thn Ðdia sqèsh protÐmhshc me au-
t n pou anaparist� h deÔterh sun�rthsh wfelimìthtac sto sto R2

++ eÐnai h

u∗
2(x, y) = x

4
5 y

1
5 .

'Askhsh 3. 'Estw oikonomÐa antallag c me dÔo agaj� kai dÔo katanalwtèc.
Oi sqèseic protÐmhshc twn katanalwt¸n orÐzontai apì tic sunart seic wfe-
limìthtac u1(x, y) = u2(x, y) = x + y, x ≥ 0, y ≥ 0 kai oi arqikèc dèsmec
agaj¸n touc eÐnai e1 = (2, 3), e2 = (3, 4). H arqik  katanom  eÐnai �risth
kat� Pareto ?
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LÔsh H genik  morf  miac katanom c sthn parap�nw oikonomÐa antal-
lag c eÐnai ((x, y), (5− x, 7− y)) ìpou 0 ≤ x ≤ 5, 0 ≤ y ≤ 7. EÐnai u1(e1) =
5, u2(e2) = 7. An h arqik  katanom  den eÐnai �risth kat� Pareto, tìte up�r-
qei katanom  gia thn opoÐa isqÔei eÐte (x, y) �1 (2, 3), (5−x, 7− y) �2 (3, 4),
eÐte (x, y) �1 (2, 3), (5 − x, 7 − y) �2 (3, 4). To pr¸to zeÔgoc sqèsewn su-
nep�getai ìti x + y ≥ 5, 12 − (x + y) > 7, en¸ to deÔtero zeÔgoc sqèsewn
sunep�getai ìti x+y > 5, 12− (x+y) ≥ 7. 'Omwc tètoiec posìthtec agaj¸n
den up�rqoun, �ra h arqik  katanom  eÐnai �risth kat� Pareto.

'Askhsh 4. An sthn oikonomÐa thc 'Askhshc 1 h kentrik  kubèrnhsh e-
pilèxei to sÔsthma fìrwn t1 = 1, t2 = −1 gia to qrhmatikì eisìdhma twn
katanalwt¸n, aut  thc h enèrgeia mporeÐ na eÐnai koinwnik� apotelesmatik 
? Ti ja prèpei na isqÔei sthn perÐptwsh aut  ?

LÔsh
Prèpei na up�rqei tim  (p1, p2), tètoia ¸ste na isqÔei ìti p · x1(p) =

p · e1 + 1, p · x1(p) = p · e2 − 1,   p · x2(p) = p · e1 − 1, p · x1(p) = p · e2 + 1,
ìpou x1(p), x2(p) eÐnai oi sunart seic z thshc twn katanalwt¸n.

2


