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Jèma 1 An se mÐa oikonomÐa to qr ma pou kukloforeÐ eÐnai MS = 100 nomismatikèc mon�dec kai h et sia
taqÔthta kukloforÐac tou qr matoc eÐnai V = 2, se perÐptwsh pou h sun�rthsh paragwg c thc oikonomÐac
eÐnai f(L) = logL, L > 0 kai h oikonomÐa brÐsketai sto fusiologikì eisìdhma paragwg c Yn ìtan h sunolik 
apasqìlhsh eÐnai L = 20, na brejeÐ to epÐpedo tim¸n P an o onomastikìc misjìc thc ergasÐac eÐnai w = 4. Na
anaferjeÐ poia exÐswsh perÐ kinhtikìthtac tou qr matoc ja qrhsimopoi sete. (3 mon�dec)

Qrhsimopoi¸ntac thn exÐswsh sunallag¸n kat� Fisher, P · Yn = MS · V . EpÐshc antikajist¸ntac thn apa-
sqìlhsh isorropÐac sthn par�gwgo thc sun�rthshc paragwg c lamb�noume ton pragmatikì misjì thc ergasÐac
w
P = 1

L∗ . EpÐshc èqoume pei ìti to fusiologikì epÐpedo paragwg c eÐnai èna epÐpedo eisd matoc thc oikonomÐac

Ðso posotik� me to epÐpedo apasqìlhshc sthn isorropÐa. 'Ara 1
Yn

= P
w . Apì thn teleutaÐa sqèsh kai thn arqik 

èqoume ìti P = MS ·V
P
w

, dhlad  P 2 = w ·MS · V = 800.

Jèma 2 An h sun�rthsh epitokÐou pou kajorÐzei th z thsh qr matoc eÐnai a(i) = 1
i kai to posostì me to

opoÐo moir�zetai to zhtoÔmeno qr ma eÐnai 50 toic ekatì se z thsh katajèsewn kai 50 toic ekatì se z thsh
sunall�gmatoc. Gia thn k�luyh twn katajèsewn oi Tr�pezec kalÔptoun k�je Eur¸ pou zht�tai kat� posostì 60
toic ekatì. Na dojoÔn oi sunart seic z thshc qr matoc thc agor�c (ìqi se pragmatik� isodÔnama qr matoc),
h z thsh katajèsewn kai sunall�gmatoc kaj¸c kai h z thsh katajèsewn kai sunall�gmatoc ìpwc thn ermh-
neÔei posotik� h Kentrik  Tr�peza. P¸c onom�zontai ta reust� diajèsima twn trapez¸n gia thn k�luyh twn
katajèsewn ? BreÐte ton pollaplasiast  qr matoc sthn perÐptwsh aut . (2.5 mon�dec)

H sun�rthsh z thshc qr matoc thc agor�c eÐnai Y · a(i) = Y · 1
i . To posostì c eÐnai c = 1

2 , �ra h z thsh

sunall�gmatoc eÐnai CUd = (1− c)Y · a(i) = 1
2Y 1

i = Y
2i . H sun�rthsh z thshc qr matoc apì katajèseic eÐnai

Dd = cY · a(i) = 1
2Y 1

i = Y
2i . 'Omwc sunolik� to trapezikì sÔsthma kalÔptei kat� θ toic ekatì th z thsh

katajèsewn, dhlad  h pragmatik  z thsh katajèsewn (apojematik¸n dhlad ) gia thn Kentrik  Tr�peza eÐnai
θ · Y

2i = 3Y
10i . 'Ara h sunolik  sun�rthsh z thshc eÐnai Rd +CUd = 3Y

10i + 5Y
10i = 8Y

10i . O pollaplasiast c qr matoc
eÐnai sthn perÐptwsh aut  c + θ · (1− c) = 1

2 + 0.6 1
2 = 0.8.

Jèma 3 An se mÐa oikonomÐa oi kratikèc dap�nec eÐnai G(t) = 100e−t kai oi fìroi eÐnai T (t) = 60, na brejeÐ
to kratikì èlleimma sunart sei tou qrìnou kai h qronik  stigm  isoskelismoÔ tou kratikoÔ proôpologismoÔ.
Pìte ta dhmìsia oikonomik� thc sugkekrimènhc q¸rac p�ne kal� kai pìte ìqi? An epÐshc oi p�giec dap�nec thc
oikonomÐac eÐnai a = 10 kai h oriak  rop  gia katan�lwsh eÐnai b = 0.3, na brejeÐ h IS-kampÔlh isorropÐac thc
oikonomÐac sth qronik  stigm  tou isoskelismoÔ tou proôpologismoÔ, an h sun�rthsh b(i) = 1

i . (Ta epitìkia
anaparistoÔn ekatost� thc mon�dac). (2.5 mon�dec)

H sun�rthsh tou elleÐmmatoc eÐnai E(t) = G(t)− T (t) = 100e−t − 60. H qronik  stigm  tou isoskelismoÔ
tou proôpologismoÔ eÐnai ekeÐnh kat� thn opoÐa 100e−t − 60 = 0. H pr¸th par�gwgoc thc sun�rthshc tou
elleÐmmatoc eÐnai E′(t) = −100e−t < 0, �ra h sun�rthsh eÐnai gnhsÐwc fjÐnousa sto (0,+∞). Epomènwc èqei
mÐa to polÔ rÐza se èna opoiod pote anoiktì upodi�sthm� tou. EpÐshc h sun�rthsh E(t) èqei toul�qiston
mÐa rÐza sto (0, 2). 'Ara èqei mÐa akrib¸c rÐza sto di�sthma autì pou eÐnai h t = log 5

3 . H oikonomÐa thc
sugkekrimènhc q¸rac phgaÐnei kal� ìtan to èlleima eÐnai arnhtikì, dhlad  ìtan 100e−t − 60 ≤ 0. Autì
sumbaÐnei ìtan t ≥ log 5

3 . Kat� th qronik  stigm  tou isoskelismoÔ tou proôpologismoÔ oi dap�nec kai oi fìroi
eÐnai Ðsoi me 60. Antikajist¸ntac loipìn sth genik  sqèsh eÔreshc thc IS-kampÔlhc isorropÐac thc oikonomÐac
brÐskoume ìti

Y (i) =
a + (G− b · T )

1− b− b(i)
=

10 + 60− 0.3 · 60
1− 0.3− 1

i

=
52

0.7− 1
i

.
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Jèma 4 GiatÐ h nomismatopoÐhsh qrèouc se sunduasmì me oligopwliak� faimìmena sthn oikonomÐa odhgeÐ se
uyhlì plhjwrismì ? Na exhg sete analutik� ti eÐnai h nomismatopoÐhsh qrèouc kai ti thn prokaleÐ. (2.5
mon�dec)

JewrÐa.
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