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Did�skwn: Eleujèrioc Taqts c

'Askhsh 1 'Estw (fn)n∈N mia akoloujÐa sunart sewn epÐ tou [a, b] tètoia ¸ste gia k�je n ∈ N,
h fn eÐnai paragwgÐsimh sto [a, b] kai h f ′n eÐnai suneq c epÐ tou [a, b]. Upojètoume epÐshc ìti gia
k�poio x0 ∈ [a, b], h akoloujÐa arijm¸n (fn(x0))n∈N sugklÐnei, kai ìti h akoloujÐa sunart sewn
(f ′n)n∈N sugklÐnei omoiìmorfa epÐ tou [a, b]. Na apodeÐxete ìti:

(a) H (fn)n∈N sugklÐnei shmeiak� epÐ tou [a, b] se mia paragwgÐsimh sun�rthsh f epÐ tou [a, b].

(b) H (fn)n∈N sugklÐnei omoiìmorfa epÐ tou [a, b] sthn f .

'Askhsh 2 Diatup¸ste kai apodeÐxte èna an�logo apotèlesma proc thn �skhsh 1 gia seirèc
sunart sewn.

'Askhsh 3 Na apodeÐxete ìti h seir� sunart sewn
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tou R kai omoiìmorfa epÐ opoioud pote diast matoc [a, b].

Parathr seic

1. Sta plaÐsia tou kouÐz, na gÐnei mìno h �skhsh 1(a).

2. Oi ask seic (1b), 2, kai 3, eÐnai autì pou lène stic H.P.A. ��take home exam�� kai ja
prèpei na paradojoÔn lumènec thn epìmenh Tet�rth 5/5 sto m�jhma.

Eqete 15 lept� sthn di�jes  sac gia thn askhsh 1(a).
Kal  EpituqÐa


